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The microwave response of an array of square metal patches and its complementary structure, an
array of square holes, has been experimentally studied. The resonant phenomena, which yield either
enhanced transmission or reflection, are attributed to the excitation of diffractively coupled surface
waves. The band structure of these surface modes has been quantified for both p-�transverse
magnetic� and s-�transverse electric� polarized radiation and is found to be dependent on the
periodicity of the electric and magnetic fields on resonance. The results are in excellent accord with
predictions from finite element method modeling and the electromagnetic form of Babinet’s
principle �Babinet, C. R. Acad. Sci. 4, 638 �1837��. © 2010 American Institute of Physics.
�doi:10.1063/1.3406145�

I. INTRODUCTION

Electromagnetic surface waves have been extensively
studied over the last century. For example, at the beginning
of the twentieth century, Zenneck1 and Sommerfeld2,3 indi-
vidually developed theories proposing the propagation of
electromagnetic waves along the surface of a conducting ma-
terial. These surface waves are bound at the interface be-
tween two dissimilar media if the permittivity of the sub-
strate is dominated by either a negative real part and/or a
positive imaginary part.4 They are defined simply as an elec-
tromagnetic wave that propagates along the interface, and
whose amplitude decays exponentially with distance into the
two media either side. At the interface between two nonab-
sorbing media, these surface waves are known as Fano
modes,5 while if one medium is absorbing they are referred
to as Zenneck modes.6 The wave vector of a surface wave
ksw for a planar interface7 separating media with complex
permittivities �1 and �2 is given by

ksw = k0� �1�2

�1 + �2
�1/2

, �1�

where k0=� /c.
The plasma frequency ��p� of metals typically resides in

the ultraviolet region, yielding a predominantly Drude-type
dielectric function dominated by a negative real part in the
visible and infrared regimes for so called “plasmonic” metals
such as silver and gold. Owing to their finite skin depth, their
surface impedance �Zs=n2 /�2, where n2=��2�2 is the refrac-
tive index and �2 is the complex permeability of the metal,
with the usual selection rules applying to the sign of the
root8� is positive and imaginary, with a small resistive term,
i.e., the surface is inductive. For p-polarized radiation inci-
dent through a dielectric, �1 a discontinuity will be induced
in the component of the electric field normal to the interface,
which results in a surface charge that oscillates longitudi-

nally when coupled to the radiation field. A bound surface
wave �known as the “surface plasmon-polariton”� is sup-
ported below the resonance of this surface plasmon, ��sw

=�p /�1+�1, for a planar interface7�, which typically occurs
in the ultraviolet. Since ksw�k0 �Eq. �1��, these modes are
nonradiative but can be coupled to using in-plane momentum
enhancement techniques such as diffractive coupling using
gratings7 or frustrated internal reflection methods.9,10 How-
ever for frequencies smaller than the scattering rate of the
electrons �including the gigahertz and terahertz regimes�, the
dielectric constant of metals becomes dominated by its
imaginary component, and the surface impedance has almost
equal positive real and positive imaginary parts, i.e., the
small resistance of a metal surface is accompanied by an
equally �small� value of inductance. This gives loosely
bound surface waves which propagate almost without attenu-
ation at speeds close to the speed of light �i.e., k0�ksw�.
Their fields extend for many wavelengths into free space,
and penetrate into the metal substrate by only a small frac-
tion of the incident wavelength, therefore, these modes are
commonly described as surface currents. However, as early
as 1944,11–14 researchers were aware that the addition of a
subwavelength corrugation to the metal surface would pro-
duce an enhanced surface reactance and strongly bind the
mode to the interface, even in this long-wavelength regime.
For example, Barlow and Cullen11 and Cutler12 considered a
corrugated metal slab, in which each narrow groove can be
regarded as a parallel-plate transverse electromagnetic trans-
mission line. If the grooves are designed to be resonant, e.g.,
approximately one-quarter of a wavelength deep, then the
short circuit �i.e., their closed end� at the bottom is trans-
formed by the length of the slot into an open circuit at the
open end, such that the surface impedance becomes large in
magnitude. However, if the depth of the slots is less than
one-quarter wavelength, then the effective surface imped-
ance is dominated by a large positive reactive term and hence
its inductance is enhanced above that of a planar metal. Sucha�Electronic mail: j.d.edmunds@ex.ac.uk.
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surfaces are thereby able to support p-polarized, bound sur-
face waves that are cut off at the resonant frequency, analo-
gous to the limiting surface plasma frequency of metals in
the visible regime. The current authors and others have re-
cently explored further resonant subwavelength-structured
surfaces that support bound surface waves.13–18

Previous studies of diffractively coupled surface waves
on gratings at microwave, infrared, or visible frequencies
have often been confined to gratings composed of continuous
metal. There have been many studies of geometries com-
posed of a periodic array of slits19–24 or grooves.11,12,25–32

There is also a substantial body of work concerning the en-
hanced transmission properties of arrays of holes33–42 �also
Ref. 43 and references therein�. These types of arrays sup-
port real propagating currents due to the metallic connected
nature of their structure. The dispersion of surface modes on
these surfaces has also been extensively studied, particularly
more recently in the context of enhanced transmission
through subwavelength hole arrays35,44–46 The surface modes
on these square arrays which mediate the transmission are
found to be associated with the in-plane diffraction �i.e., the

dispersion of the surface modes follow the kgk̂x diffracted
light lines� for p-�transverse magnetic� polarized incident ra-
diation, and the orthogonal grating wave vector, �i.e., the

out-of-plane, kgk̂y diffraction� when s-�transverse electric�
polarized radiation is incident44 There are relatively few
studies from the photonics community of the analogous en-
hanced resonant reflection phenomenon. However it is im-
portant to note that the resonant features recorded in the
transmission and/or reflection spectra from both connected
�holes� and disconnected �patches/particles� arrays, have
been associated with excitation of diffractively coupled sur-
face waves, as demonstrated by the work of Minhas et al.47

However the electromagnetic response of inductive and ca-
pacitive grid frequency selective surfaces �FSSs� away from
resonance is well studied48–50 but their response is generally
not discussed in detail, around the resonance presumably due
to the fact that FSSs have only been of interest in the sub-
wavelength regime �i.e., not in the proximity of the onset of
diffraction�.

In this work, we experimentally record the transmission
of a pair of complementary thin arrays of perfectly conduct-
ing elements as a function of the polar angle of incidence �,
the frequency �0, and polarization. Our experimental data
illustrate the band structure of the resonances supported,
which are attributed to diffractively-coupled surface waves.
Of course, for a sample “a” with square symmetry illumi-
nated at normal incidence, Babinet’s principle51 states that its
transmission, Ta will be equal to 1−Tb, where Tb is the trans-
mission through the complementary structure, b. There is a
requirement that for oblique incidence, the polarization of
the incident radiation is rotated by 90°. Our results validate
this application of Babinet’s principle in the microwave re-
gime. Furthermore, these experimental results, combined
with the predictions of the field solutions from numerical
modeling, illustrate that periodicity in the electric and mag-
netic fields determines the form of the dispersion of these
surface modes.

II. EXPERIMENTAL

Samples were fabricated by etching a square array
�pitch, �g=7.02 mm� of square patches �side length a�, ori-
entated at 45° with respect to the lattice unit vectors, into
aluminised Mylar® �75 �m thickness, �r	2.6�. The alumi-
num layer is 	60 nm thick �determined from scanning elec-
tron microscopy measurements�, which is much less than the
skin depth at the frequency range studied �	1 �m�. Note
however that the layer is almost completely electromagneti-
cally opaque at these wavelengths �T�1%� due to the large
impedance mismatch presented at the metal-air interface.
The 45° rotated element geometry has been specifically cho-
sen to allow for the study of self-complementary structures.
For arrays in which the patch side length is greater than
4.965 mm, neighboring patches overlap, forming a conduct-
ing mesh network �a hole array�, which is the complemen-
tary structure to the patch array.

Figure 1�a� is representative of the connected structure
experimentally studied, with square holes of 3.23 mm side
length. Similarly, Fig. 1�b� shows the near-complementary
disconnected array, of 3.10 mm side length patches. The
samples were mounted for support on a sheet of expanded
polystyrene �refractive index 	1� and placed behind an ap-
erture formed from microwave absorbing material. A colli-
mated microwave beam is incident normal to the surface of
the samples. Transmission data for frequencies in the range
26.5–60.0 GHz was obtained by normalizing the transmis-
sion through the sample, to that of the aperture and polysty-
rene sheet alone. The polar angle, � in the plane of incidence
�xz-plane� was varied from 	60° to 60°.

Figure 2 shows the normal incidence transmission spec-
tra for both the 3.23 mm hole array and its near complemen-
tary 3.10 mm patch array structure. Illumination of the con-
nected hole array at normal incidence, reveals a Fano-type
resonance giving a transmission peak followed by a trans-
mission minimum is observed on the low frequency side of
the onset of first order diffraction. The inverse transmission
response is observed for the patch structure, which is, to a
good approximation in accordance with Babinet’s principle
and in agreement with the numerical model.52 Note however
that the experimental recorded transmission intensity for the
hole array does not reach 100% since there is loss present
due to the finite conductivity of the metal. The modeled re-
sponses make the assumption that the metal is perfectly con-
ducting and two-dimensional �i.e., zero thickness� and are
made to reduce the computation time �the metal thickness is

FIG. 1. Schematic representation of the experimental samples. The dotted
lines indicate the unit cell of the �a� hole array and �b� disconnected patch
array. The shaded area represents aluminum occupancy and the unshaded
regions dielectric.
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very subwavelength �	� /105� and would require a very
dense number of elements to represent the structure�. The
permittivity of the Mylar® layer was determined by fitting
the microwave transmission peaks of a Mylar® filled slit in
metal plates using finite element method �FEM� modeling53

and set to �=2.62+0.01i across the frequency range of inter-
est. The experimental data gives good agreement with the
model however experimental transmission for the hole array
does not reach 100% since there is loss present due to the
finite conductivity of the metal. There is a small incident
angle spread of 	1° inherent in the experimental technique
which accounts for the discrepancy between the data and the
model near to the diffraction edge where a double peak is
observed in the data. This arises from a band gap close to the
diffraction edge and the consequential excitation of a mode
associated with each band edge. At normal incidence, field
symmetry prevents coupling to the upper frequency mode.
However at other angles of incidence the symmetry is broken
and the incident wave can couple to both the upper and lower
branch. Then, because of the finite angle spread in the inci-
dent beam, this higher frequency mode is seen for normal
incidence resulting in a double peak feature in transmission.

The Fano-type resonance observed in transmission is as-
sociated with the excitation of grating-coupled surface
waves, as discussed in the literature relating to enhanced
transmission through metallic hole arrays.35,39,53 Since the
Mylar® substrate is very thin �
�� the structure can be as-
sumed symmetric. Figure 3 shows the transmission for the
3.23 mm hole array for both p-polarized and s-polarized ra-
diation. The intensity of the transmission efficiency is plotted
on a logarithmic grayscale to improve clarity of the features
close to the onset of diffraction. The transmission responses
for p-polarized and s-polarized radiation at normal incidence
�k0 sin �=0� are identical due to the symmetry of the sample.

The angle-dependent transmission data of the hole array
structure illuminated with p-polarized radiation, shows that
the resonant features observed are associated with diffraction
from the grating vectors that lie in the plane of incidence.
The dispersion of the surface waves strongly follow the in-
plane diffracted light lines. These straight diffracted light
lines arise from the intersection of the light cones centered
on kx= �kg with the ky =0 plane, they intersect at f =c /�g

�42.7 GHz. There is also evidence of much weaker cou-
pling into the diffracted orders associated with the orthogo-
nal periodicity. Conversely, for s-polarized incident radiation
�Fig. 3�b�� scattering from the grating vectors that lie out of
the plane of incidence is dominant. The surface mode fol-
lows the parabolic diffracted light line generated from the
intersection of the light cone centered on ky = �kg with the
y=0 plane. This disparity between the coupling efficiency of
p-polarized and s-polarized radiation to the surface modes
supported on hole arrays and bigratings has also been re-
ported by other authors.44,46

Figure 4 shows the dispersion of the resonance for
p-polarized and s-polarized radiation for the 3.10 mm patch
array, the near complementary structure to the 3.23 mm hole
array. For k0 sin ��0 the dispersion of these modes is re-
versed in polarization with respect to the response of the
complementary structure, i.e., the dispersion of the modes on
the patch structure for p-polarized incident radiation, are as-

sociated with the �kgk̂y diffraction �Fig. 4�a��, are comple-
mentary to that of the hole structure for s-polarized radiation
�Fig. 3�b��, and vice versa. This verifies the requirement of a
90° rotation of polarization in order to satisfy Babinet’s prin-
ciple. Note that the magnitude of transmission for the pair of
experimental structures on resonance is not perfectly
complementary since there is absorption inside the metal
layer which is not accounted for by Babinet’s principle.
There are also small differences in sample geometry. Never-
theless, this mode dispersion can be further explained by

FIG. 2. Zero-order transmission measurements for patches and holes on a
square array of pitch 7.02 mm. Normal incidence, electric field vector po-
larized across the diagonal of the patches. Schematic diagrams illustrate the
connectivity of the structure.

��

��
FIG. 3. Zero-order transmission for the 3.23 mm square hole array sample
as a function of in-plane momentum, kx, for �a� p-polarized and �b�
s-polarized radiation. Lines indicate sets of diffracted light lines due to
grating periodicities. The schematic in the bottom left corner illustrates con-
nectivity of the sample.
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examining the resonant fields from FEM modeling �Figs. 5
and 6� using perfect electrical conductor �PEC�.

Figure 5 shows the time-averaged magnitude and instan-
taneous vector surface current density for the 3.23 mm hole
array at a frequency associated with the resonant transmis-
sion peak.

The hole array is a connected structure and, therefore,
supports real surface currents. The surface currents run par-
allel to the incident electric field but due to the rotated ge-
ometry of the holes, there is enhancement of the surface
current density at the narrowest point, i.e., between the cor-
ners of the holes at their nearest point. This results in en-
hanced magnetic field loops in the orthogonal direction to the
surface current. Figure 6 shows the time-averaged and in-
stantaneous vector magnetic �H� field plot for the 3.23 mm
hole array on resonance. Again the fields are plotted at a
phase corresponding to maximum field enhancement.

Magnetic field loops are present between neighboring
holes that lie in the xz-plane, i.e., parallel to the incident
magnetic field. The dominant periodicity of the structure that
influences the dispersion of the surface mode can be deter-
mined by examining the fields away from the sample in the
transmitted half space. This allows the transmitted fields to
be considered without the influence of near-field evanescent
effects close to the structure. Figure 7 shows the time-
averaged magnetic fields on resonance parallel to the inci-
dent magnetic vector at a distance 3 mm below the surface of
the sample.

The magnetic fields show periodicity in the direction of
the incident electric field �y-direction� resulting in dominant

scattering from the kgk̂y grating vector. Since the coupling
efficiency into these diffracted orders is most dominant the
surface wave disperses along the parabolic out-of-plane dif-
fracted light lines �Fig. 3�b�� for nonzero angles of incidence.
A similar description can be used to describe the response for

the orthogonal polarization with the scattering from the kgk̂x

grating vector leading to the linear dispersion seen in Fig.
3�a�.

��

��
FIG. 4. Zero-order transmission for the 3.10 mm square patch sample as a
function of in-plane momentum, kx, for �a� p-polarized and �b� s-polarized
radiation. Lines indicate sets of diffracted light lines due to the grating
periodicities. The schematic in the bottom left corner illustrates connectivity
of the sample.

FIG. 5. Surface current density magnitude plotted on the surface of the PEC
hole array on resonance �37.6 GHz� for two unit cells, �=0°. The incident
electric field is polarized along the y-axis. Arrows represent the direction of
the surface current at a phase corresponding to maximum surface current
density.

FIG. 6. Time-averaged magnetic field enhancement plotted on resonance
�37.6 GHz� through the center of two holes with arrows representing the
direction of the field at a phase corresponding to maximum field enhance-
ment, �=0°. Gray represents the metal. The incident electric field is polar-
ized along the y-axis.

FIG. 7. Time-averaged resonant magnetic fields on resonance �37.6 GHz�
parallel to the direction of the incident magnetic vector �in the x-direction� 3
mm below the hole array, �=0°. The field is plotted across four unit cells for
clarity. White dashed lines indicate the position of the holes.
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Field plots from the finite element method modeling for
the 3.10 mm patch array are plotted in Fig. 8.

On resonance loops of electric field are present between
neighboring patches in the yz-plane, i.e., in the direction of
the incident electric field. Again the dominant periodicity can
be determined by examining the fields below the surface of
the sample. Figure 9 shows the time-averaged electric fields
on resonance parallel to the incident electric vector 8 mm
below the surface of the sample.

The electric fields show periodicity in the direction or-
thogonal to the incident electric field �y-direction� resulting

in dominant scattering from the kgk̂x grating vector. Since the
coupling efficiency into these diffracted orders is most domi-
nant the surface wave disperses along the linear in-plane dif-
fracted light lines �Fig. 4�b��. A similar description can be
used to explain the response for the orthogonal polarization

with the scattering from the kgk̂y grating vector leading to the
parabolic dispersion seen in Fig. 4�a�.

The band structures of surface wave resonances on dis-
connected arrays are clearly reversed with respect to their
polarization response from those observed on a grating of
continuous metal.35,44–46 This interchange in behavior of the

electric and magnetic fields is, however, completely pre-
dicted by Babinet’s principle to describe the nature of
complementary structures.

III. CONCLUSION

In summary, the dispersion of surface modes on two near
complementary thin metallic gratings in the microwave re-
gime have been studied, showing the well known enhanced
transmission, or the corresponding, lesser studied, enhanced
reflection phenomena. The modes for a given linear polariza-
tion are found to closely follow the light lines associated

with �kgk̂x or �kgk̂y diffraction, depending on the connec-
tivity of the structure, with a near identical dispersion being
observed for the array’s complementary structure if the po-
larization of the incident microwaves is rotated by 90°. The
results accord well with the electromagnetic form of Babi-
net’s principle. FEM modeling shows that for the discon-
nected patch arrays, strong electric fields are present between
neighboring patches and there is strong modulation in the
electric field perpendicular to the plane of incidence. By con-
trast the holes in the complementary structure have strong
loops of magnetic field between them with strong modula-
tion in the magnetic field in the plane of incidence.
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